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Jost Bürgi's recently rediscoveredFundamentum Astronomiæ[3, 4] describes a number
of methods for the computation of tables of sines. One algorithm makes it possible to
compute accurate values of the sines of a subdivision of the quadrant, but this method
can only be used in practice for small subdivisions [11].

Between these computed values, other values can be obtained using a mere inter-
polation. This is described by Launert [5], but no extensive examples are given. This
document aims at �lling this gap.

We give here 10 sexagesimal digit interpolations of the sines for every minute of
the quadrant and assuming constant third di�erences. The step of the interpolations
is 200 and the exact value of the target sine is given at the end of the interpolation.
Each interpolation spans one page. For instance, the interpolated value forsin 10 is
0,1,2,49,54,40,4,19,52,55, whereas the exact (rounded) value is 0,1,2,49,54,40,4,19,36,0.

The sexagesimal values are given such that thesinus totus is equal to 60. The last
value of the table is therefore 60,0,0,0,0,0,0,0,0,0, corresponding to the sine of90� . The
sine of the �rst minute corresponds to the modern value(((((54 + � � � )=60 + 49)=60 +
2)=60 + 1)=60 + 0)=60 = 0:000290888: : :.

Given a modern value of the sine, we can easily obtain its sexagesimal digits by
multiplying repeatedly by 60 and taking the fractional parts. The integer parts are the
sexagesimal digits. For instance, if we start withsin 10, we have

sin 10 = 0:00029088820456: : : (1)

60 sin 10 = 0:01745329227380: : : (2)

! d0 = 0

(60 sin 10 � d0) � 60 = 1:04719753642832: : : (3)

! d1 = 1

((60 sin 10 � d0) � 60� d1) � 60 = 2:83185218569971: : : (4)

! d2 = 2

(((60 sin 10 � d0) � 60� d1) � 60� d2) � 60 = 49:91113114198276: : : (5)

! d3 = 49

((((60 sin 10 � d0) � 60� d1) � 60� d2) � 60� d3) � 60 = 54:66786851896614: : : (6)

! d4 = 54

and we see that the sexagesimal expression ofsin 10 is in fact 0,1,2,49,54,. . . .
The scheme used in our interpolations is the scheme we believe that Bürgi used for

interpolating values between pivots of his sine tables, anticipating the methods used by
Prony 200 years later [8].
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Bürgi's sine table, which is thought lost, and of which we have only vague descriptions,
supposedly gave the sines to eight sexagesimal places and for every two seconds of the
quadrant. We have reconstructed such a hypothetical table [13], and the interpolations
of the present document show that interpolating on 10 digits is su�cient to reach a �nal
accuracy of 8 digits. The number of places as well as the number of di�erences needed
to compute a given accuracy can be obtained from the formulæ given in our analysis of
Prony's work, but the purpose here is merely to show in practice that this setting does
work. On the other hand, with 9 digits, the expected accuracy is not reached [10].

Finally, one has to keep in mind that not only does the computation of such a table
require these 5400 interpolations, but there is also quite some work in determining the
initial values of the sines and di�erences, as alluded in one of our notes [12]. It is therefore
quite di�cult for us to believe that Bürgi really worked out such a huge table, although
we cannot exclude it.
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10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 00 000 0, 0, 0, 0, 0, 0, 0, 0, 0, 0
2, 5,39,49,20,31,35,44

200 0, 0, 2, 5,39,49,20,31,35,44 0, 9,11
2, 5,39,49,20,31,26,33 9,11

400 0, 0, 4,11,19,38,41, 3, 2,17 0,18,22
2, 5,39,49,20,31, 8,11 9,11

600 0, 0, 6,16,59,28, 1,34,10,28 0,27,33
2, 5,39,49,20,30,40,38 9,11

800 0, 0, 8,22,39,17,22, 4,51, 6 0,36,44
2, 5,39,49,20,30, 3,54 9,11

1000 0, 0,10,28,19, 6,42,34,55, 0 0,45,55
2, 5,39,49,20,29,17,59 9,11

1200 0, 0,12,33,58,56, 3, 4,12,59 0,55, 6
2, 5,39,49,20,28,22,53 9,11

1400 0, 0,14,39,38,45,23,32,35,52 1, 4,17
2, 5,39,49,20,27,18,36 9,11

1600 0, 0,16,45,18,34,43,59,54,28 1,13,28
2, 5,39,49,20,26, 5, 8 9,11

1800 0, 0,18,50,58,24, 4,25,59,36 1,22,39
2, 5,39,49,20,24,42,29 9,11

2000 0, 0,20,56,38,13,24,50,42, 5 1,31,50
2, 5,39,49,20,23,10,39 9,11

2200 0, 0,23, 2,18, 2,45,13,52,44 1,41, 1
2, 5,39,49,20,21,29,38 9,11

2400 0, 0,25, 7,57,52, 5,35,22,22 1,50,12
2, 5,39,49,20,19,39,26 9,11

2600 0, 0,27,13,37,41,25,55, 1,48 1,59,23
2, 5,39,49,20,17,40, 3 9,11

2800 0, 0,29,19,17,30,46,12,41,51 2, 8,34
2, 5,39,49,20,15,31,29 9,11

3000 0, 0,31,24,57,20, 6,28,13,20 2,17,45
2, 5,39,49,20,13,13,44 9,11

3200 0, 0,33,30,37, 9,26,41,27, 4 2,26,56
2, 5,39,49,20,10,46,48 9,11

3400 0, 0,35,36,16,58,46,52,13,52 2,36, 7
2, 5,39,49,20, 8,10,41 9,11

3600 0, 0,37,41,56,48, 7, 0,24,33 2,45,18
2, 5,39,49,20, 5,25,23 9,11

3800 0, 0,39,47,36,37,27, 5,49,56 2,54,29
2, 5,39,49,20, 2,30,54 9,11

4000 0, 0,41,53,16,26,47, 8,20,50 3, 3,40
2, 5,39,49,19,59,27,14 9,11

4200 0, 0,43,58,56,16, 7, 7,48, 4 3,12,51
2, 5,39,49,19,56,14,23 9,11

4400 0, 0,46, 4,36, 5,27, 4, 2,27 3,22, 2
2, 5,39,49,19,52,52,21 9,11

4600 0, 0,48,10,15,54,46,56,54,48 3,31,13
2, 5,39,49,19,49,21, 8 9,11

4800 0, 0,50,15,55,44, 6,46,15,56 3,40,24
2, 5,39,49,19,45,40,44 9,11

5000 0, 0,52,21,35,33,26,31,56,40 3,49,35
2, 5,39,49,19,41,51, 9 9,11

5200 0, 0,54,27,15,22,46,13,47,49 3,58,46
2, 5,39,49,19,37,52,23 9,11

5400 0, 0,56,32,55,12, 5,51,40,12 4, 7,57
2, 5,39,49,19,33,44,26 9,11

5600 0, 0,58,38,35, 1,25,25,24,38 4,17, 8
2, 5,39,49,19,29,27,18 9,11

5800 0, 1, 0,44,14,50,44,54,51,56 4,26,19
2, 5,39,49,19,25, 0,59

6000 0, 1, 2,49,54,40, 4,19,52,55

exact 0, 1, 2,49,54,40, 4,19,36, 0
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10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 10 000 0, 1, 2,49,54,40, 4,19,36, 0
2, 5,39,49,19,20,23,45

200 0, 1, 4,55,34,29,23,39,59,45 4,44,48
2, 5,39,49,19,15,38,57 9,11

400 0, 1, 7, 1,14,18,42,55,38,42 4,53,59
2, 5,39,49,19,10,44,58 9,11

600 0, 1, 9, 6,54, 8, 2, 6,23,40 5, 3,10
2, 5,39,49,19, 5,41,48 9,11

800 0, 1,11,12,33,57,21,12, 5,28 5,12,21
2, 5,39,49,19, 0,29,27 9,11

1000 0, 1,13,18,13,46,40,12,34,55 5,21,32
2, 5,39,49,18,55, 7,55 9,11

1200 0, 1,15,23,53,35,59, 7,42,50 5,30,43
2, 5,39,49,18,49,37,12 9,11

1400 0, 1,17,29,33,25,17,57,20, 2 5,39,54
2, 5,39,49,18,43,57,18 9,11

1600 0, 1,19,35,13,14,36,41,17,20 5,49, 5
2, 5,39,49,18,38, 8,13 9,11

1800 0, 1,21,40,53, 3,55,19,25,33 5,58,16
2, 5,39,49,18,32, 9,57 9,11

2000 0, 1,23,46,32,53,13,51,35,30 6, 7,27
2, 5,39,49,18,26, 2,30 9,11

2200 0, 1,25,52,12,42,32,17,38, 0 6,16,38
2, 5,39,49,18,19,45,52 9,11

2400 0, 1,27,57,52,31,50,37,23,52 6,25,49
2, 5,39,49,18,13,20, 3 9,11

2600 0, 1,30, 3,32,21, 8,50,43,55 6,35, 0
2, 5,39,49,18, 6,45, 3 9,11

2800 0, 1,32, 9,12,10,26,57,28,58 6,44,11
2, 5,39,49,18, 0, 0,52 9,11

3000 0, 1,34,14,51,59,44,57,29,50 6,53,22
2, 5,39,49,17,53, 7,30 9,11

3200 0, 1,36,20,31,49, 2,50,37,20 7, 2,33
2, 5,39,49,17,46, 4,57 9,11

3400 0, 1,38,26,11,38,20,36,42,17 7,11,44
2, 5,39,49,17,38,53,13 9,11

3600 0, 1,40,31,51,27,38,15,35,30 7,20,55
2, 5,39,49,17,31,32,18 9,11

3800 0, 1,42,37,31,16,55,47, 7,48 7,30, 6
2, 5,39,49,17,24, 2,12 9,11

4000 0, 1,44,43,11, 6,13,11,10, 0 7,39,17
2, 5,39,49,17,16,22,55 9,11

4200 0, 1,46,48,50,55,30,27,32,55 7,48,28
2, 5,39,49,17, 8,34,27 9,11

4400 0, 1,48,54,30,44,47,36, 7,22 7,57,39
2, 5,39,49,17, 0,36,48 9,11

4600 0, 1,51, 0,10,34, 4,36,44,10 8, 6,50
2, 5,39,49,16,52,29,58 9,11

4800 0, 1,53, 5,50,23,21,29,14, 8 8,16, 1
2, 5,39,49,16,44,13,57 9,11

5000 0, 1,55,11,30,12,38,13,28, 5 8,25,12
2, 5,39,49,16,35,48,45 9,11

5200 0, 1,57,17,10, 1,54,49,16,50 8,34,23
2, 5,39,49,16,27,14,22 9,11

5400 0, 1,59,22,49,51,11,16,31,12 8,43,34
2, 5,39,49,16,18,30,48 9,11

5600 0, 2, 1,28,29,40,27,35, 2, 0 8,52,45
2, 5,39,49,16, 9,38, 3 9,11

5800 0, 2, 3,34, 9,29,43,44,40, 3 9, 1,56
2, 5,39,49,16, 0,36, 7

6000 0, 2, 5,39,49,18,59,45,16,10

exact 0, 2, 5,39,49,18,59,45, 1,48
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10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 20 000 0, 2, 5,39,49,18,59,45, 1,48
2, 5,39,49,15,51,23,26

200 0, 2, 7,45,29, 8,15,36,25,14 9,20,25
2, 5,39,49,15,42, 3, 1 9,11

400 0, 2, 9,51, 8,57,31,18,28,15 9,29,36
2, 5,39,49,15,32,33,25 9,11

600 0, 2,11,56,48,46,46,51, 1,40 9,38,47
2, 5,39,49,15,22,54,38 9,11

800 0, 2,14, 2,28,36, 2,13,56,18 9,47,58
2, 5,39,49,15,13, 6,40 9,11

1000 0, 2,16, 8, 8,25,17,27, 2,58 9,57, 9
2, 5,39,49,15, 3, 9,31 9,11

1200 0, 2,18,13,48,14,32,30,12,29 10, 6,20
2, 5,39,49,14,53, 3,11 9,11

1400 0, 2,20,19,28, 3,47,23,15,40 10,15,31
2, 5,39,49,14,42,47,40 9,11

1600 0, 2,22,25, 7,53, 2, 6, 3,20 10,24,42
2, 5,39,49,14,32,22,58 9,11

1800 0, 2,24,30,47,42,16,38,26,18 10,33,53
2, 5,39,49,14,21,49, 5 9,11

2000 0, 2,26,36,27,31,31, 0,15,23 10,43, 4
2, 5,39,49,14,11, 6, 1 9,11

2200 0, 2,28,42, 7,20,45,11,21,24 10,52,15
2, 5,39,49,14, 0,13,46 9,11

2400 0, 2,30,47,47, 9,59,11,35,10 11, 1,26
2, 5,39,49,13,49,12,20 9,11

2600 0, 2,32,53,26,59,13, 0,47,30 11,10,37
2, 5,39,49,13,38, 1,43 9,11

2800 0, 2,34,59, 6,48,26,38,49,13 11,19,48
2, 5,39,49,13,26,41,55 9,11

3000 0, 2,37, 4,46,37,40, 5,31, 8 11,28,59
2, 5,39,49,13,15,12,56 9,11

3200 0, 2,39,10,26,26,53,20,44, 4 11,38,10
2, 5,39,49,13, 3,34,46 9,11

3400 0, 2,41,16, 6,16, 6,24,18,50 11,47,21
2, 5,39,49,12,51,47,25 9,11

3600 0, 2,43,21,46, 5,19,16, 6,15 11,56,32
2, 5,39,49,12,39,50,53 9,11

3800 0, 2,45,27,25,54,31,55,57, 8 12, 5,43
2, 5,39,49,12,27,45,10 9,11

4000 0, 2,47,33, 5,43,44,23,42,18 12,14,54
2, 5,39,49,12,15,30,16 9,11

4200 0, 2,49,38,45,32,56,39,12,34 12,24, 5
2, 5,39,49,12, 3, 6,11 9,11

4400 0, 2,51,44,25,22, 8,42,18,45 12,33,16
2, 5,39,49,11,50,32,55 9,11

4600 0, 2,53,50, 5,11,20,32,51,40 12,42,27
2, 5,39,49,11,37,50,28 9,11

4800 0, 2,55,55,45, 0,32,10,42, 8 12,51,38
2, 5,39,49,11,24,58,50 9,11

5000 0, 2,58, 1,24,49,43,35,40,58 13, 0,49
2, 5,39,49,11,11,58, 1 9,11

5200 0, 3, 0, 7, 4,38,54,47,38,59 13,10, 0
2, 5,39,49,10,58,48, 1 9,11

5400 0, 3, 2,12,44,28, 5,46,27, 0 13,19,11
2, 5,39,49,10,45,28,50 9,11

5600 0, 3, 4,18,24,17,16,31,55,50 13,28,22
2, 5,39,49,10,32, 0,28 9,11

5800 0, 3, 6,24, 4, 6,27, 3,56,18 13,37,33
2, 5,39,49,10,18,22,55

6000 0, 3, 8,29,43,55,37,22,19,13

exact 0, 3, 8,29,43,55,37,22, 7,12
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10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 30 000 0, 3, 8,29,43,55,37,22, 7,12
2, 5,39,49,10, 4,34,47

200 0, 3,10,35,23,44,47,26,41,59 13,56, 1
2, 5,39,49, 9,50,38,46 9,11

400 0, 3,12,41, 3,33,57,17,20,45 14, 5,12
2, 5,39,49, 9,36,33,34 9,11

600 0, 3,14,46,43,23, 6,53,54,19 14,14,23
2, 5,39,49, 9,22,19,11 9,11

800 0, 3,16,52,23,12,16,16,13,30 14,23,34
2, 5,39,49, 9, 7,55,37 9,11

1000 0, 3,18,58, 3, 1,25,24, 9, 7 14,32,45
2, 5,39,49, 8,53,22,52 9,11

1200 0, 3,21, 3,42,50,34,17,31,59 14,41,56
2, 5,39,49, 8,38,40,56 9,11

1400 0, 3,23, 9,22,39,42,56,12,55 14,51, 7
2, 5,39,49, 8,23,49,49 9,11

1600 0, 3,25,15, 2,28,51,20, 2,44 15, 0,18
2, 5,39,49, 8, 8,49,31 9,11

1800 0, 3,27,20,42,17,59,28,52,15 15, 9,29
2, 5,39,49, 7,53,40, 2 9,11

2000 0, 3,29,26,22, 7, 7,22,32,17 15,18,40
2, 5,39,49, 7,38,21,22 9,11

2200 0, 3,31,32, 1,56,15, 0,53,39 15,27,51
2, 5,39,49, 7,22,53,31 9,11

2400 0, 3,33,37,41,45,22,23,47,10 15,37, 2
2, 5,39,49, 7, 7,16,29 9,11

2600 0, 3,35,43,21,34,29,31, 3,39 15,46,13
2, 5,39,49, 6,51,30,16 9,11

2800 0, 3,37,49, 1,23,36,22,33,55 15,55,24
2, 5,39,49, 6,35,34,52 9,11

3000 0, 3,39,54,41,12,42,58, 8,47 16, 4,35
2, 5,39,49, 6,19,30,17 9,11

3200 0, 3,42, 0,21, 1,49,17,39, 4 16,13,46
2, 5,39,49, 6, 3,16,31 9,11

3400 0, 3,44, 6, 0,50,55,20,55,35 16,22,57
2, 5,39,49, 5,46,53,34 9,11

3600 0, 3,46,11,40,40, 1, 7,49, 9 16,32, 8
2, 5,39,49, 5,30,21,26 9,11

3800 0, 3,48,17,20,29, 6,38,10,35 16,41,19
2, 5,39,49, 5,13,40, 7 9,11

4000 0, 3,50,23, 0,18,11,51,50,42 16,50,30
2, 5,39,49, 4,56,49,37 9,11

4200 0, 3,52,28,40, 7,16,48,40,19 16,59,41
2, 5,39,49, 4,39,49,56 9,11

4400 0, 3,54,34,19,56,21,28,30,15 17, 8,52
2, 5,39,49, 4,22,41, 4 9,11

4600 0, 3,56,39,59,45,25,51,11,19 17,18, 3
2, 5,39,49, 4, 5,23, 1 9,11

4800 0, 3,58,45,39,34,29,56,34,20 17,27,14
2, 5,39,49, 3,47,55,47 9,11

5000 0, 4, 0,51,19,23,33,44,30, 7 17,36,25
2, 5,39,49, 3,30,19,22 9,11

5200 0, 4, 2,56,59,12,37,14,49,29 17,45,36
2, 5,39,49, 3,12,33,46 9,11

5400 0, 4, 5, 2,39, 1,40,27,23,15 17,54,47
2, 5,39,49, 2,54,38,59 9,11

5600 0, 4, 7, 8,18,50,43,22, 2,14 18, 3,58
2, 5,39,49, 2,36,35, 1 9,11

5800 0, 4, 9,13,58,39,45,58,37,15 18,13, 9
2, 5,39,49, 2,18,21,52

6000 0, 4,11,19,38,28,48,16,59, 7

exact 0, 4,11,19,38,28,48,16,42, 4

10



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 40 000 0, 4,11,19,38,28,48,16,42, 4
2, 5,39,49, 1,59,57,47

200 0, 4,13,25,18,17,50,16,39,51 18,31,38
2, 5,39,49, 1,41,26, 9 9,11

400 0, 4,15,30,58, 6,51,58, 6, 0 18,40,49
2, 5,39,49, 1,22,45,20 9,11

600 0, 4,17,36,37,55,53,20,51,20 18,50, 0
2, 5,39,49, 1, 3,55,20 9,11

800 0, 4,19,42,17,44,54,24,46,40 18,59,11
2, 5,39,49, 0,44,56, 9 9,11

1000 0, 4,21,47,57,33,55, 9,42,49 19, 8,22
2, 5,39,49, 0,25,47,47 9,11

1200 0, 4,23,53,37,22,55,35,30,36 19,17,33
2, 5,39,49, 0, 6,30,14 9,11

1400 0, 4,25,59,17,11,55,42, 0,50 19,26,44
2, 5,39,48,59,47, 3,30 9,11

1600 0, 4,28, 4,57, 0,55,29, 4,20 19,35,55
2, 5,39,48,59,27,27,35 9,11

1800 0, 4,30,10,36,49,54,56,31,55 19,45, 6
2, 5,39,48,59, 7,42,29 9,11

2000 0, 4,32,16,16,38,54, 4,14,24 19,54,17
2, 5,39,48,58,47,48,12 9,11

2200 0, 4,34,21,56,27,52,52, 2,36 20, 3,28
2, 5,39,48,58,27,44,44 9,11

2400 0, 4,36,27,36,16,51,19,47,20 20,12,39
2, 5,39,48,58, 7,32, 5 9,11

2600 0, 4,38,33,16, 5,49,27,19,25 20,21,50
2, 5,39,48,57,47,10,15 9,11

2800 0, 4,40,38,55,54,47,14,29,40 20,31, 1
2, 5,39,48,57,26,39,14 9,11

3000 0, 4,42,44,35,43,44,41, 8,54 20,40,12
2, 5,39,48,57, 5,59, 2 9,11

3200 0, 4,44,50,15,32,41,47, 7,56 20,49,23
2, 5,39,48,56,45, 9,39 9,11

3400 0, 4,46,55,55,21,38,32,17,35 20,58,34
2, 5,39,48,56,24,11, 5 9,11

3600 0, 4,49, 1,35,10,34,56,28,40 21, 7,45
2, 5,39,48,56, 3, 3,20 9,11

3800 0, 4,51, 7,14,59,30,59,32, 0 21,16,56
2, 5,39,48,55,41,46,24 9,11

4000 0, 4,53,12,54,48,26,41,18,24 21,26, 7
2, 5,39,48,55,20,20,17 9,11

4200 0, 4,55,18,34,37,22, 1,38,41 21,35,18
2, 5,39,48,54,58,44,59 9,11

4400 0, 4,57,24,14,26,17, 0,23,40 21,44,29
2, 5,39,48,54,37, 0,30 9,11

4600 0, 4,59,29,54,15,11,37,24,10 21,53,40
2, 5,39,48,54,15, 6,50 9,11

4800 0, 5, 1,35,34, 4, 5,52,31, 0 22, 2,51
2, 5,39,48,53,53, 3,59 9,11

5000 0, 5, 3,41,13,52,59,45,34,59 22,12, 2
2, 5,39,48,53,30,51,57 9,11

5200 0, 5, 5,46,53,41,53,16,26,56 22,21,13
2, 5,39,48,53, 8,30,44 9,11

5400 0, 5, 7,52,33,30,46,24,57,40 22,30,24
2, 5,39,48,52,46, 0,20 9,11

5600 0, 5, 9,58,13,19,39,10,58, 0 22,39,35
2, 5,39,48,52,23,20,45 9,11

5800 0, 5,12, 3,53, 8,31,34,18,45 22,48,46
2, 5,39,48,52, 0,31,59

6000 0, 5,14, 9,32,57,23,34,50,44

exact 0, 5,14, 9,32,57,23,34,36,18

11



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 50 000 0, 5,14, 9,32,57,23,34,36,18
2, 5,39,48,51,37,32,28

200 0, 5,16,15,12,46,15,12, 8,46 23, 7,15
2, 5,39,48,51,14,25,13 9,11

400 0, 5,18,20,52,35, 6,26,33,59 23,16,26
2, 5,39,48,50,51, 8,47 9,11

600 0, 5,20,26,32,23,57,17,42,46 23,25,37
2, 5,39,48,50,27,43,10 9,11

800 0, 5,22,32,12,12,47,45,25,56 23,34,48
2, 5,39,48,50, 4, 8,22 9,11

1000 0, 5,24,37,52, 1,37,49,34,18 23,43,59
2, 5,39,48,49,40,24,23 9,11

1200 0, 5,26,43,31,50,27,29,58,41 23,53,10
2, 5,39,48,49,16,31,13 9,11

1400 0, 5,28,49,11,39,16,46,29,54 24, 2,21
2, 5,39,48,48,52,28,52 9,11

1600 0, 5,30,54,51,28, 5,38,58,46 24,11,32
2, 5,39,48,48,28,17,20 9,11

1800 0, 5,33, 0,31,16,54, 7,16, 6 24,20,43
2, 5,39,48,48, 3,56,37 9,11

2000 0, 5,35, 6,11, 5,42,11,12,43 24,29,54
2, 5,39,48,47,39,26,43 9,11

2200 0, 5,37,11,50,54,29,50,39,26 24,39, 5
2, 5,39,48,47,14,47,38 9,11

2400 0, 5,39,17,30,43,17, 5,27, 4 24,48,16
2, 5,39,48,46,49,59,22 9,11

2600 0, 5,41,23,10,32, 3,55,26,26 24,57,27
2, 5,39,48,46,25, 1,55 9,11

2800 0, 5,43,28,50,20,50,20,28,21 25, 6,38
2, 5,39,48,45,59,55,17 9,11

3000 0, 5,45,34,30, 9,36,20,23,38 25,15,49
2, 5,39,48,45,34,39,28 9,11

3200 0, 5,47,40, 9,58,21,55, 3, 6 25,25, 0
2, 5,39,48,45, 9,14,28 9,11

3400 0, 5,49,45,49,47, 7, 4,17,34 25,34,11
2, 5,39,48,44,43,40,17 9,11

3600 0, 5,51,51,29,35,51,47,57,51 25,43,22
2, 5,39,48,44,17,56,55 9,11

3800 0, 5,53,57, 9,24,36, 5,54,46 25,52,33
2, 5,39,48,43,52, 4,22 9,11

4000 0, 5,56, 2,49,13,19,57,59, 8 26, 1,44
2, 5,39,48,43,26, 2,38 9,11

4200 0, 5,58, 8,29, 2, 3,24, 1,46 26,10,55
2, 5,39,48,42,59,51,43 9,11

4400 0, 6, 0,14, 8,50,46,23,53,29 26,20, 6
2, 5,39,48,42,33,31,37 9,11

4600 0, 6, 2,19,48,39,28,57,25, 6 26,29,17
2, 5,39,48,42, 7, 2,20 9,11

4800 0, 6, 4,25,28,28,11, 4,27,26 26,38,28
2, 5,39,48,41,40,23,52 9,11

5000 0, 6, 6,31, 8,16,52,44,51,18 26,47,39
2, 5,39,48,41,13,36,13 9,11

5200 0, 6, 8,36,48, 5,33,58,27,31 26,56,50
2, 5,39,48,40,46,39,23 9,11

5400 0, 6,10,42,27,54,14,45, 6,54 27, 6, 1
2, 5,39,48,40,19,33,22 9,11

5600 0, 6,12,48, 7,42,55, 4,40,16 27,15,12
2, 5,39,48,39,52,18,10 9,11

5800 0, 6,14,53,47,31,34,56,58,26 27,24,23
2, 5,39,48,39,24,53,47

6000 0, 6,16,59,27,20,14,21,52,13

exact 0, 6,16,59,27,20,14,21,39,55

12



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 60 000 0, 6,16,59,27,20,14,21,39,55
2, 5,39,48,38,57,18,48

200 0, 6,19, 5, 7, 8,53,18,58,43 27,42,51
2, 5,39,48,38,29,35,57 9,11

400 0, 6,21,10,46,57,31,48,34,40 27,52, 2
2, 5,39,48,38, 1,43,55 9,11

600 0, 6,23,16,26,46, 9,50,18,35 28, 1,13
2, 5,39,48,37,33,42,42 9,11

800 0, 6,25,22, 6,34,47,24, 1,17 28,10,24
2, 5,39,48,37, 5,32,18 9,11

1000 0, 6,27,27,46,23,24,29,33,35 28,19,35
2, 5,39,48,36,37,12,43 9,11

1200 0, 6,29,33,26,12, 1, 6,46,18 28,28,46
2, 5,39,48,36, 8,43,57 9,11

1400 0, 6,31,39, 6, 0,37,15,30,15 28,37,57
2, 5,39,48,35,40, 6, 0 9,11

1600 0, 6,33,44,45,49,12,55,36,15 28,47, 8
2, 5,39,48,35,11,18,52 9,11

1800 0, 6,35,50,25,37,48, 6,55, 7 28,56,19
2, 5,39,48,34,42,22,33 9,11

2000 0, 6,37,56, 5,26,22,49,17,40 29, 5,30
2, 5,39,48,34,13,17, 3 9,11

2200 0, 6,40, 1,45,14,57, 2,34,43 29,14,41
2, 5,39,48,33,44, 2,22 9,11

2400 0, 6,42, 7,25, 3,30,46,37, 5 29,23,52
2, 5,39,48,33,14,38,30 9,11

2600 0, 6,44,13, 4,52, 4, 1,15,35 29,33, 3
2, 5,39,48,32,45, 5,27 9,11

2800 0, 6,46,18,44,40,36,46,21, 2 29,42,14
2, 5,39,48,32,15,23,13 9,11

3000 0, 6,48,24,24,29, 9, 1,44,15 29,51,25
2, 5,39,48,31,45,31,48 9,11

3200 0, 6,50,30, 4,17,40,47,16, 3 30, 0,36
2, 5,39,48,31,15,31,12 9,11

3400 0, 6,52,35,44, 6,12, 2,47,15 30, 9,47
2, 5,39,48,30,45,21,25 9,11

3600 0, 6,54,41,23,54,42,48, 8,40 30,18,58
2, 5,39,48,30,15, 2,27 9,11

3800 0, 6,56,47, 3,43,13, 3,11, 7 30,28, 9
2, 5,39,48,29,44,34,18 9,11

4000 0, 6,58,52,43,31,42,47,45,25 30,37,20
2, 5,39,48,29,13,56,58 9,11

4200 0, 7, 0,58,23,20,12, 1,42,23 30,46,31
2, 5,39,48,28,43,10,27 9,11

4400 0, 7, 3, 4, 3, 8,40,44,52,50 30,55,42
2, 5,39,48,28,12,14,45 9,11

4600 0, 7, 5, 9,42,57, 8,57, 7,35 31, 4,53
2, 5,39,48,27,41, 9,52 9,11

4800 0, 7, 7,15,22,45,36,38,17,27 31,14, 4
2, 5,39,48,27, 9,55,48 9,11

5000 0, 7, 9,21, 2,34, 3,48,13,15 31,23,15
2, 5,39,48,26,38,32,33 9,11

5200 0, 7,11,26,42,22,30,26,45,48 31,32,26
2, 5,39,48,26, 7, 0, 7 9,11

5400 0, 7,13,32,22,10,56,33,45,55 31,41,37
2, 5,39,48,25,35,18,30 9,11

5600 0, 7,15,38, 1,59,22, 9, 4,25 31,50,48
2, 5,39,48,25, 3,27,42 9,11

5800 0, 7,17,43,41,47,47,12,32, 7 31,59,59
2, 5,39,48,24,31,27,43

6000 0, 7,19,49,21,36,11,43,59,50

exact 0, 7,19,49,21,36,11,43,43, 2

13



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 70 000 0, 7,19,49,21,36,11,43,43, 2
2, 5,39,48,23,59,16,49

200 0, 7,21,55, 1,24,35,42,59,51 32,18,28
2, 5,39,48,23,26,58,21 9,11

400 0, 7,24, 0,41,12,59, 9,58,12 32,27,39
2, 5,39,48,22,54,30,42 9,11

600 0, 7,26, 6,21, 1,22, 4,28,54 32,36,50
2, 5,39,48,22,21,53,52 9,11

800 0, 7,28,12, 0,49,44,26,22,46 32,46, 1
2, 5,39,48,21,49, 7,51 9,11

1000 0, 7,30,17,40,38, 6,15,30,37 32,55,12
2, 5,39,48,21,16,12,39 9,11

1200 0, 7,32,23,20,26,27,31,43,16 33, 4,23
2, 5,39,48,20,43, 8,16 9,11

1400 0, 7,34,29, 0,14,48,14,51,32 33,13,34
2, 5,39,48,20, 9,54,42 9,11

1600 0, 7,36,34,40, 3, 8,24,46,14 33,22,45
2, 5,39,48,19,36,31,57 9,11

1800 0, 7,38,40,19,51,28, 1,18,11 33,31,56
2, 5,39,48,19, 3, 0, 1 9,11

2000 0, 7,40,45,59,39,47, 4,18,12 33,41, 7
2, 5,39,48,18,29,18,54 9,11

2200 0, 7,42,51,39,28, 5,33,37, 6 33,50,18
2, 5,39,48,17,55,28,36 9,11

2400 0, 7,44,57,19,16,23,29, 5,42 33,59,29
2, 5,39,48,17,21,29, 7 9,11

2600 0, 7,47, 2,59, 4,40,50,34,49 34, 8,40
2, 5,39,48,16,47,20,27 9,11

2800 0, 7,49, 8,38,52,57,37,55,16 34,17,51
2, 5,39,48,16,13, 2,36 9,11

3000 0, 7,51,14,18,41,13,50,57,52 34,27, 2
2, 5,39,48,15,38,35,34 9,11

3200 0, 7,53,19,58,29,29,29,33,26 34,36,13
2, 5,39,48,15, 3,59,21 9,11

3400 0, 7,55,25,38,17,44,33,32,47 34,45,24
2, 5,39,48,14,29,13,57 9,11

3600 0, 7,57,31,18, 5,59, 2,46,44 34,54,35
2, 5,39,48,13,54,19,22 9,11

3800 0, 7,59,36,57,54,12,57, 6, 6 35, 3,46
2, 5,39,48,13,19,15,36 9,11

4000 0, 8, 1,42,37,42,26,16,21,42 35,12,57
2, 5,39,48,12,44, 2,39 9,11

4200 0, 8, 3,48,17,30,39, 0,24,21 35,22, 8
2, 5,39,48,12, 8,40,31 9,11

4400 0, 8, 5,53,57,18,51, 9, 4,52 35,31,19
2, 5,39,48,11,33, 9,12 9,11

4600 0, 8, 7,59,37, 7, 2,42,14, 4 35,40,30
2, 5,39,48,10,57,28,42 9,11

4800 0, 8,10, 5,16,55,13,39,42,46 35,49,41
2, 5,39,48,10,21,39, 1 9,11

5000 0, 8,12,10,56,43,24, 1,21,47 35,58,52
2, 5,39,48, 9,45,40, 9 9,11

5200 0, 8,14,16,36,31,33,47, 1,56 36, 8, 3
2, 5,39,48, 9, 9,32, 6 9,11

5400 0, 8,16,22,16,19,42,56,34, 2 36,17,14
2, 5,39,48, 8,33,14,52 9,11

5600 0, 8,18,27,56, 7,51,29,48,54 36,26,25
2, 5,39,48, 7,56,48,27 9,11

5800 0, 8,20,33,35,55,59,26,37,21 36,35,36
2, 5,39,48, 7,20,12,51

6000 0, 8,22,39,15,44, 6,46,50,12

exact 0, 8,22,39,15,44, 6,46,35,51

14



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 80 000 0, 8,22,39,15,44, 6,46,35,51
2, 5,39,48, 6,43,26,30

200 0, 8,24,44,55,32,13,30, 2,21 36,54, 5
2, 5,39,48, 6, 6,32,25 9,11

400 0, 8,26,50,35,20,19,36,34,46 37, 3,16
2, 5,39,48, 5,29,29, 9 9,11

600 0, 8,28,56,15, 8,25, 6, 3,55 37,12,27
2, 5,39,48, 4,52,16,42 9,11

800 0, 8,31, 1,54,56,29,58,20,37 37,21,38
2, 5,39,48, 4,14,55, 4 9,11

1000 0, 8,33, 7,34,44,34,13,15,41 37,30,49
2, 5,39,48, 3,37,24,15 9,11

1200 0, 8,35,13,14,32,37,50,39,56 37,40, 0
2, 5,39,48, 2,59,44,15 9,11

1400 0, 8,37,18,54,20,40,50,24,11 37,49,11
2, 5,39,48, 2,21,55, 4 9,11

1600 0, 8,39,24,34, 8,43,12,19,15 37,58,22
2, 5,39,48, 1,43,56,42 9,11

1800 0, 8,41,30,13,56,44,56,15,57 38, 7,33
2, 5,39,48, 1, 5,49, 9 9,11

2000 0, 8,43,35,53,44,46, 2, 5, 6 38,16,44
2, 5,39,48, 0,27,32,25 9,11

2200 0, 8,45,41,33,32,46,29,37,31 38,25,55
2, 5,39,47,59,49, 6,30 9,11

2400 0, 8,47,47,13,20,46,18,44, 1 38,35, 6
2, 5,39,47,59,10,31,24 9,11

2600 0, 8,49,52,53, 8,45,29,15,25 38,44,17
2, 5,39,47,58,31,47, 7 9,11

2800 0, 8,51,58,32,56,44, 1, 2,32 38,53,28
2, 5,39,47,57,52,53,39 9,11

3000 0, 8,54, 4,12,44,41,53,56,11 39, 2,39
2, 5,39,47,57,13,51, 0 9,11

3200 0, 8,56, 9,52,32,39, 7,47,11 39,11,50
2, 5,39,47,56,34,39,10 9,11

3400 0, 8,58,15,32,20,35,42,26,21 39,21, 1
2, 5,39,47,55,55,18, 9 9,11

3600 0, 9, 0,21,12, 8,31,37,44,30 39,30,12
2, 5,39,47,55,15,47,57 9,11

3800 0, 9, 2,26,51,56,26,53,32,27 39,39,23
2, 5,39,47,54,36, 8,34 9,11

4000 0, 9, 4,32,31,44,21,29,41, 1 39,48,34
2, 5,39,47,53,56,20, 0 9,11

4200 0, 9, 6,38,11,32,15,26, 1, 1 39,57,45
2, 5,39,47,53,16,22,15 9,11

4400 0, 9, 8,43,51,20, 8,42,23,16 40, 6,56
2, 5,39,47,52,36,15,19 9,11

4600 0, 9,10,49,31, 8, 1,18,38,35 40,16, 7
2, 5,39,47,51,55,59,12 9,11

4800 0, 9,12,55,10,55,53,14,37,47 40,25,18
2, 5,39,47,51,15,33,54 9,11

5000 0, 9,15, 0,50,43,44,30,11,41 40,34,29
2, 5,39,47,50,34,59,25 9,11

5200 0, 9,17, 6,30,31,35, 5,11, 6 40,43,40
2, 5,39,47,49,54,15,45 9,11

5400 0, 9,19,12,10,19,24,59,26,51 40,52,51
2, 5,39,47,49,13,22,54 9,11

5600 0, 9,21,17,50, 7,14,12,49,45 41, 2, 2
2, 5,39,47,48,32,20,52 9,11

5800 0, 9,23,23,29,55, 2,45,10,37 41,11,13
2, 5,39,47,47,51, 9,39

6000 0, 9,25,29, 9,42,50,36,20,16

exact 0, 9,25,29, 9,42,50,36, 8,46

15



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 90 000 0, 9,25,29, 9,42,50,36, 8,46
2, 5,39,47,47, 9,47,53

200 0, 9,27,34,49,30,37,45,56,39 41,29,41
2, 5,39,47,46,28,18,12 9,11

400 0, 9,29,40,29,18,24,14,14,51 41,38,52
2, 5,39,47,45,46,39,20 9,11

600 0, 9,31,46, 9, 6,10, 0,54,11 41,48, 3
2, 5,39,47,45, 4,51,17 9,11

800 0, 9,33,51,48,53,55, 5,45,28 41,57,14
2, 5,39,47,44,22,54, 3 9,11

1000 0, 9,35,57,28,41,39,28,39,31 42, 6,25
2, 5,39,47,43,40,47,38 9,11

1200 0, 9,38, 3, 8,29,23, 9,27, 9 42,15,36
2, 5,39,47,42,58,32, 2 9,11

1400 0, 9,40, 8,48,17, 6, 7,59,11 42,24,47
2, 5,39,47,42,16, 7,15 9,11

1600 0, 9,42,14,28, 4,48,24, 6,26 42,33,58
2, 5,39,47,41,33,33,17 9,11

1800 0, 9,44,20, 7,52,29,57,39,43 42,43, 9
2, 5,39,47,40,50,50, 8 9,11

2000 0, 9,46,25,47,40,10,48,29,51 42,52,20
2, 5,39,47,40, 7,57,48 9,11

2200 0, 9,48,31,27,27,50,56,27,39 43, 1,31
2, 5,39,47,39,24,56,17 9,11

2400 0, 9,50,37, 7,15,30,21,23,56 43,10,42
2, 5,39,47,38,41,45,35 9,11

2600 0, 9,52,42,47, 3, 9, 3, 9,31 43,19,53
2, 5,39,47,37,58,25,42 9,11

2800 0, 9,54,48,26,50,47, 1,35,13 43,29, 4
2, 5,39,47,37,14,56,38 9,11

3000 0, 9,56,54, 6,38,24,16,31,51 43,38,15
2, 5,39,47,36,31,18,23 9,11

3200 0, 9,58,59,46,26, 0,47,50,14 43,47,26
2, 5,39,47,35,47,30,57 9,11

3400 0,10, 1, 5,26,13,36,35,21,11 43,56,37
2, 5,39,47,35, 3,34,20 9,11

3600 0,10, 3,11, 6, 1,11,38,55,31 44, 5,48
2, 5,39,47,34,19,28,32 9,11

3800 0,10, 5,16,45,48,45,58,24, 3 44,14,59
2, 5,39,47,33,35,13,33 9,11

4000 0,10, 7,22,25,36,19,33,37,36 44,24,10
2, 5,39,47,32,50,49,23 9,11

4200 0,10, 9,28, 5,23,52,24,26,59 44,33,21
2, 5,39,47,32, 6,16, 2 9,11

4400 0,10,11,33,45,11,24,30,43, 1 44,42,32
2, 5,39,47,31,21,33,30 9,11

4600 0,10,13,39,24,58,55,52,16,31 44,51,43
2, 5,39,47,30,36,41,47 9,11

4800 0,10,15,45, 4,46,26,28,58,18 45, 0,54
2, 5,39,47,29,51,40,53 9,11

5000 0,10,17,50,44,33,56,20,39,11 45,10, 5
2, 5,39,47,29, 6,30,48 9,11

5200 0,10,19,56,24,21,25,27, 9,59 45,19,16
2, 5,39,47,28,21,11,32 9,11

5400 0,10,22, 2, 4, 8,53,48,21,31 45,28,27
2, 5,39,47,27,35,43, 5 9,11

5600 0,10,24, 7,43,56,21,24, 4,36 45,37,38
2, 5,39,47,26,50, 5,27 9,11

5800 0,10,26,13,23,43,48,14,10, 3 45,46,49
2, 5,39,47,26, 4,18,38

6000 0,10,28,19, 3,31,14,18,28,41

exact 0,10,28,19, 3,31,14,18,12,20

16



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 100 000 0,10,28,19, 3,31,14,18,12,20
2, 5,39,47,25,18,20,56

200 0,10,30,24,43,18,39,36,33,16 46, 5,18
2, 5,39,47,24,32,15,38 9,11

400 0,10,32,30,23, 6, 4, 8,48,54 46,14,29
2, 5,39,47,23,46, 1, 9 9,11

600 0,10,34,36, 2,53,27,54,50, 3 46,23,40
2, 5,39,47,22,59,37,29 9,11

800 0,10,36,41,42,40,50,54,27,32 46,32,51
2, 5,39,47,22,13, 4,38 9,11

1000 0,10,38,47,22,28,13, 7,32,10 46,42, 2
2, 5,39,47,21,26,22,36 9,11

1200 0,10,40,53, 2,15,34,33,54,46 46,51,13
2, 5,39,47,20,39,31,23 9,11

1400 0,10,42,58,42, 2,55,13,26, 9 47, 0,24
2, 5,39,47,19,52,30,59 9,11

1600 0,10,45, 4,21,50,15, 5,57, 8 47, 9,35
2, 5,39,47,19, 5,21,24 9,11

1800 0,10,47,10, 1,37,34,11,18,32 47,18,46
2, 5,39,47,18,18, 2,38 9,11

2000 0,10,49,15,41,24,52,29,21,10 47,27,57
2, 5,39,47,17,30,34,41 9,11

2200 0,10,51,21,21,12, 9,59,55,51 47,37, 8
2, 5,39,47,16,42,57,33 9,11

2400 0,10,53,27, 0,59,26,42,53,24 47,46,19
2, 5,39,47,15,55,11,14 9,11

2600 0,10,55,32,40,46,42,38, 4,38 47,55,30
2, 5,39,47,15, 7,15,44 9,11

2800 0,10,57,38,20,33,57,45,20,22 48, 4,41
2, 5,39,47,14,19,11, 3 9,11

3000 0,10,59,44, 0,21,12, 4,31,25 48,13,52
2, 5,39,47,13,30,57,11 9,11

3200 0,11, 1,49,40, 8,25,35,28,36 48,23, 3
2, 5,39,47,12,42,34, 8 9,11

3400 0,11, 3,55,19,55,38,18, 2,44 48,32,14
2, 5,39,47,11,54, 1,54 9,11

3600 0,11, 6, 0,59,42,50,12, 4,38 48,41,25
2, 5,39,47,11, 5,20,29 9,11

3800 0,11, 8, 6,39,30, 1,17,25, 7 48,50,36
2, 5,39,47,10,16,29,53 9,11

4000 0,11,10,12,19,17,11,33,55, 0 48,59,47
2, 5,39,47, 9,27,30, 6 9,11

4200 0,11,12,17,59, 4,21, 1,25, 6 49, 8,58
2, 5,39,47, 8,38,21, 8 9,11

4400 0,11,14,23,38,51,29,39,46,14 49,18, 9
2, 5,39,47, 7,49, 2,59 9,11

4600 0,11,16,29,18,38,37,28,49,13 49,27,20
2, 5,39,47, 6,59,35,39 9,11

4800 0,11,18,34,58,25,44,28,24,52 49,36,31
2, 5,39,47, 6, 9,59, 8 9,11

5000 0,11,20,40,38,12,50,38,24, 0 49,45,42
2, 5,39,47, 5,20,13,26 9,11

5200 0,11,22,46,17,59,55,58,37,26 49,54,53
2, 5,39,47, 4,30,18,33 9,11

5400 0,11,24,51,57,47, 0,28,55,59 50, 4, 4
2, 5,39,47, 3,40,14,29 9,11

5600 0,11,26,57,37,34, 4, 9,10,28 50,13,15
2, 5,39,47, 2,50, 1,14 9,11

5800 0,11,29, 3,17,21, 6,59,11,42 50,22,26
2, 5,39,47, 1,59,38,48

6000 0,11,31, 8,57, 8, 8,58,50,30

exact 0,11,31, 8,57, 8, 8,58,37,16

17



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 110 000 0,11,31, 8,57, 8, 8,58,37,16
2, 5,39,47, 1, 9, 5,42

200 0,11,33,14,36,55,10, 7,42,58 50,40,54
2, 5,39,47, 0,18,24,48 9,11

400 0,11,35,20,16,42,10,26, 7,46 50,50, 5
2, 5,39,46,59,27,34,43 9,11

600 0,11,37,25,56,29, 9,53,42,29 50,59,16
2, 5,39,46,58,36,35,27 9,11

800 0,11,39,31,36,16, 8,30,17,56 51, 8,27
2, 5,39,46,57,45,27, 0 9,11

1000 0,11,41,37,16, 3, 6,15,44,56 51,17,38
2, 5,39,46,56,54, 9,22 9,11

1200 0,11,43,42,55,50, 3, 9,54,18 51,26,49
2, 5,39,46,56, 2,42,33 9,11

1400 0,11,45,48,35,36,59,12,36,51 51,36, 0
2, 5,39,46,55,11, 6,33 9,11

1600 0,11,47,54,15,23,54,23,43,24 51,45,11
2, 5,39,46,54,19,21,22 9,11

1800 0,11,49,59,55,10,48,43, 4,46 51,54,22
2, 5,39,46,53,27,27, 0 9,11

2000 0,11,52, 5,34,57,42,10,31,46 52, 3,33
2, 5,39,46,52,35,23,27 9,11

2200 0,11,54,11,14,44,34,45,55,13 52,12,44
2, 5,39,46,51,43,10,43 9,11

2400 0,11,56,16,54,31,26,29, 5,56 52,21,55
2, 5,39,46,50,50,48,48 9,11

2600 0,11,58,22,34,18,17,19,54,44 52,31, 6
2, 5,39,46,49,58,17,42 9,11

2800 0,12, 0,28,14, 5, 7,18,12,26 52,40,17
2, 5,39,46,49, 5,37,25 9,11

3000 0,12, 2,33,53,51,56,23,49,51 52,49,28
2, 5,39,46,48,12,47,57 9,11

3200 0,12, 4,39,33,38,44,36,37,48 52,58,39
2, 5,39,46,47,19,49,18 9,11

3400 0,12, 6,45,13,25,31,56,27, 6 53, 7,50
2, 5,39,46,46,26,41,28 9,11

3600 0,12, 8,50,53,12,18,23, 8,34 53,17, 1
2, 5,39,46,45,33,24,27 9,11

3800 0,12,10,56,32,59, 3,56,33, 1 53,26,12
2, 5,39,46,44,39,58,15 9,11

4000 0,12,13, 2,12,45,48,36,31,16 53,35,23
2, 5,39,46,43,46,22,52 9,11

4200 0,12,15, 7,52,32,32,22,54, 8 53,44,34
2, 5,39,46,42,52,38,18 9,11

4400 0,12,17,13,32,19,15,15,32,26 53,53,45
2, 5,39,46,41,58,44,33 9,11

4600 0,12,19,19,12, 5,57,14,16,59 54, 2,56
2, 5,39,46,41, 4,41,37 9,11

4800 0,12,21,24,51,52,38,18,58,36 54,12, 7
2, 5,39,46,40,10,29,30 9,11

5000 0,12,23,30,31,39,18,29,28, 6 54,21,18
2, 5,39,46,39,16, 8,12 9,11

5200 0,12,25,36,11,25,57,45,36,18 54,30,29
2, 5,39,46,38,21,37,43 9,11

5400 0,12,27,41,51,12,36, 7,14, 1 54,39,40
2, 5,39,46,37,26,58, 3 9,11

5600 0,12,29,47,30,59,13,34,12, 4 54,48,51
2, 5,39,46,36,32, 9,12 9,11

5800 0,12,31,53,10,45,50, 6,21,16 54,58, 2
2, 5,39,46,35,37,11,10

6000 0,12,33,58,50,32,25,43,32,26

exact 0,12,33,58,50,32,25,43,14,33

18



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 120 000 0,12,33,58,50,32,25,43,14,33
2, 5,39,46,34,42, 2, 9

200 0,12,36, 4,30,19, 0,25,16,42 55,16,31
2, 5,39,46,33,46,45,38 9,11

400 0,12,38,10,10, 5,34,12, 2,20 55,25,42
2, 5,39,46,32,51,19,56 9,11

600 0,12,40,15,49,52, 7, 3,22,16 55,34,53
2, 5,39,46,31,55,45, 3 9,11

800 0,12,42,21,29,38,38,59, 7,19 55,44, 4
2, 5,39,46,31, 0, 0,59 9,11

1000 0,12,44,27, 9,25, 9,59, 8,18 55,53,15
2, 5,39,46,30, 4, 7,44 9,11

1200 0,12,46,32,49,11,40, 3,16, 2 56, 2,26
2, 5,39,46,29, 8, 5,18 9,11

1400 0,12,48,38,28,58, 9,11,21,20 56,11,37
2, 5,39,46,28,11,53,41 9,11

1600 0,12,50,44, 8,44,37,23,15, 1 56,20,48
2, 5,39,46,27,15,32,53 9,11

1800 0,12,52,49,48,31, 4,38,47,54 56,29,59
2, 5,39,46,26,19, 2,54 9,11

2000 0,12,54,55,28,17,30,57,50,48 56,39,10
2, 5,39,46,25,22,23,44 9,11

2200 0,12,57, 1, 8, 3,56,20,14,32 56,48,21
2, 5,39,46,24,25,35,23 9,11

2400 0,12,59, 6,47,50,20,45,49,55 56,57,32
2, 5,39,46,23,28,37,51 9,11

2600 0,13, 1,12,27,36,44,14,27,46 57, 6,43
2, 5,39,46,22,31,31, 8 9,11

2800 0,13, 3,18, 7,23, 6,45,58,54 57,15,54
2, 5,39,46,21,34,15,14 9,11

3000 0,13, 5,23,47, 9,28,20,14, 8 57,25, 5
2, 5,39,46,20,36,50, 9 9,11

3200 0,13, 7,29,26,55,48,57, 4,17 57,34,16
2, 5,39,46,19,39,15,53 9,11

3400 0,13, 9,35, 6,42, 8,36,20,10 57,43,27
2, 5,39,46,18,41,32,26 9,11

3600 0,13,11,40,46,28,27,17,52,36 57,52,38
2, 5,39,46,17,43,39,48 9,11

3800 0,13,13,46,26,14,45, 1,32,24 58, 1,49
2, 5,39,46,16,45,37,59 9,11

4000 0,13,15,52, 6, 1, 1,47,10,23 58,11, 0
2, 5,39,46,15,47,26,59 9,11

4200 0,13,17,57,45,47,17,34,37,22 58,20,11
2, 5,39,46,14,49, 6,48 9,11

4400 0,13,20, 3,25,33,32,23,44,10 58,29,22
2, 5,39,46,13,50,37,26 9,11

4600 0,13,22, 9, 5,19,46,14,21,36 58,38,33
2, 5,39,46,12,51,58,53 9,11

4800 0,13,24,14,45, 5,59, 6,20,29 58,47,44
2, 5,39,46,11,53,11, 9 9,11

5000 0,13,26,20,24,52,10,59,31,38 58,56,55
2, 5,39,46,10,54,14,14 9,11

5200 0,13,28,26, 4,38,21,53,45,52 59, 6, 6
2, 5,39,46, 9,55, 8, 8 9,11

5400 0,13,30,31,44,24,31,48,54, 0 59,15,17
2, 5,39,46, 8,55,52,51 9,11

5600 0,13,32,37,24,10,40,44,46,51 59,24,28
2, 5,39,46, 7,56,28,23 9,11

5800 0,13,34,43, 3,56,48,41,15,14 59,33,39
2, 5,39,46, 6,56,54,44

6000 0,13,36,48,43,42,55,38, 9,58

exact 0,13,36,48,43,42,55,37,55,19

19



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 130 000 0,13,36,48,43,42,55,37,55,19
2, 5,39,46, 5,57,10,19

200 0,13,38,54,23,29, 1,35, 5,38 0,59,52, 8
2, 5,39,46, 4,57,18,11 9,11

400 0,13,41, 0, 3,15, 6,32,23,49 1, 0, 1,19
2, 5,39,46, 3,57,16,52 9,11

600 0,13,43, 5,43, 1,10,29,40,41 1, 0,10,30
2, 5,39,46, 2,57, 6,22 9,11

800 0,13,45,11,22,47,13,26,47, 3 1, 0,19,41
2, 5,39,46, 1,56,46,41 9,11

1000 0,13,47,17, 2,33,15,23,33,44 1, 0,28,52
2, 5,39,46, 0,56,17,49 9,11

1200 0,13,49,22,42,19,16,19,51,33 1, 0,38, 3
2, 5,39,45,59,55,39,46 9,11

1400 0,13,51,28,22, 5,16,15,31,19 1, 0,47,14
2, 5,39,45,58,54,52,32 9,11

1600 0,13,53,34, 1,51,15,10,23,51 1, 0,56,25
2, 5,39,45,57,53,56, 7 9,11

1800 0,13,55,39,41,37,13, 4,19,58 1, 1, 5,36
2, 5,39,45,56,52,50,31 9,11

2000 0,13,57,45,21,23, 9,57,10,29 1, 1,14,47
2, 5,39,45,55,51,35,44 9,11

2200 0,13,59,51, 1, 9, 5,48,46,13 1, 1,23,58
2, 5,39,45,54,50,11,46 9,11

2400 0,14, 1,56,40,55, 0,38,57,59 1, 1,33, 9
2, 5,39,45,53,48,38,37 9,11

2600 0,14, 4, 2,20,40,54,27,36,36 1, 1,42,20
2, 5,39,45,52,46,56,17 9,11

2800 0,14, 6, 8, 0,26,47,14,32,53 1, 1,51,31
2, 5,39,45,51,45, 4,46 9,11

3000 0,14, 8,13,40,12,38,59,37,39 1, 2, 0,42
2, 5,39,45,50,43, 4, 4 9,11

3200 0,14,10,19,19,58,29,42,41,43 1, 2, 9,53
2, 5,39,45,49,40,54,11 9,11

3400 0,14,12,24,59,44,19,23,35,54 1, 2,19, 4
2, 5,39,45,48,38,35, 7 9,11

3600 0,14,14,30,39,30, 8, 2,11, 1 1, 2,28,15
2, 5,39,45,47,36, 6,52 9,11

3800 0,14,16,36,19,15,55,38,17,53 1, 2,37,26
2, 5,39,45,46,33,29,26 9,11

4000 0,14,18,41,59, 1,42,11,47,19 1, 2,46,37
2, 5,39,45,45,30,42,49 9,11

4200 0,14,20,47,38,47,27,42,30, 8 1, 2,55,48
2, 5,39,45,44,27,47, 1 9,11

4400 0,14,22,53,18,33,12,10,17, 9 1, 3, 4,59
2, 5,39,45,43,24,42, 2 9,11

4600 0,14,24,58,58,18,55,34,59,11 1, 3,14,10
2, 5,39,45,42,21,27,52 9,11

4800 0,14,27, 4,38, 4,37,56,27, 3 1, 3,23,21
2, 5,39,45,41,18, 4,31 9,11

5000 0,14,29,10,17,50,19,14,31,34 1, 3,32,32
2, 5,39,45,40,14,31,59 9,11

5200 0,14,31,15,57,35,59,29, 3,33 1, 3,41,43
2, 5,39,45,39,10,50,16 9,11

5400 0,14,33,21,37,21,38,39,53,49 1, 3,50,54
2, 5,39,45,38, 6,59,22 9,11

5600 0,14,35,27,17, 7,16,46,53,11 1, 4, 0, 5
2, 5,39,45,37, 2,59,17 9,11

5800 0,14,37,32,56,52,53,49,52,28 1, 4, 9,16
2, 5,39,45,35,58,50, 1

6000 0,14,39,38,36,38,29,48,42,29

exact 0,14,39,38,36,38,29,48,31, 2

20



10-digit interpolations for Bürgi's 200sine table (reconstruction, D. Roegel, 2016)

x sin(x) � 1 � 2 � 3

0� 140 000 0,14,39,38,36,38,29,48,31, 2
2, 5,39,45,34,54,30,12

200 0,14,41,44,16,24, 4,43, 1,14 1, 4,27,44
2, 5,39,45,33,50, 2,28 9,11

400 0,14,43,49,56, 9,38,33, 3,42 1, 4,36,55
2, 5,39,45,32,45,25,33 9,11

600 0,14,45,55,35,55,11,18,29,15 1, 4,46, 6
2, 5,39,45,31,40,39,27 9,11

800 0,14,48, 1,15,40,42,59, 8,42 1, 4,55,17
2, 5,39,45,30,35,44,10 9,11

1000 0,14,50, 6,55,26,13,34,52,52 1, 5, 4,28
2, 5,39,45,29,30,39,42 9,11

1200 0,14,52,12,35,11,43, 5,32,34 1, 5,13,39
2, 5,39,45,28,25,26, 3 9,11

1400 0,14,54,18,14,57,11,30,58,37 1, 5,22,50
2, 5,39,45,27,20, 3,13 9,11

1600 0,14,56,23,54,42,38,51, 1,50 1, 5,32, 1
2, 5,39,45,26,14,31,12 9,11

1800 0,14,58,29,34,28, 5, 5,33, 2 1, 5,41,12
2, 5,39,45,25, 8,50, 0 9,11

2000 0,15, 0,35,14,13,30,14,23, 2 1, 5,50,23
2, 5,39,45,24, 2,59,37 9,11

2200 0,15, 2,40,53,58,54,17,22,39 1, 5,59,34
2, 5,39,45,22,57, 0, 3 9,11

2400 0,15, 4,46,33,44,17,14,22,42 1, 6, 8,45
2, 5,39,45,21,50,51,18 9,11

2600 0,15, 6,52,13,29,39, 5,14, 0 1, 6,17,56
2, 5,39,45,20,44,33,22 9,11

2800 0,15, 8,57,53,14,59,49,47,22 1, 6,27, 7
2, 5,39,45,19,38, 6,15 9,11

3000 0,15,11, 3,33, 0,19,27,53,37 1, 6,36,18
2, 5,39,45,18,31,29,57 9,11

3200 0,15,13, 9,12,45,37,59,23,34 1, 6,45,29
2, 5,39,45,17,24,44,28 9,11

3400 0,15,15,14,52,30,55,24, 8, 2 1, 6,54,40
2, 5,39,45,16,17,49,48 9,11

3600 0,15,17,20,32,16,11,41,57,50 1, 7, 3,51
2, 5,39,45,15,10,45,57 9,11

3800 0,15,19,26,12, 1,26,52,43,47 1, 7,13, 2
2, 5,39,45,14, 3,32,55 9,11

4000 0,15,21,31,51,46,40,56,16,42 1, 7,22,13
2, 5,39,45,12,56,10,42 9,11

4200 0,15,23,37,31,31,53,52,27,24 1, 7,31,24
2, 5,39,45,11,48,39,18 9,11

4400 0,15,25,43,11,17, 5,41, 6,42 1, 7,40,35
2, 5,39,45,10,40,58,43 9,11

4600 0,15,27,48,51, 2,16,22, 5,25 1, 7,49,46
2, 5,39,45, 9,33, 8,57 9,11

4800 0,15,29,54,30,47,25,55,14,22 1, 7,58,57
2, 5,39,45, 8,25,10, 0 9,11

5000 0,15,32, 0,10,32,34,20,24,22 1, 8, 8, 8
2, 5,39,45, 7,17, 1,52 9,11

5200 0,15,34, 5,50,17,41,37,26,14 1, 8,17,19
2, 5,39,45, 6, 8,44,33 9,11

5400 0,15,36,11,30, 2,47,46,10,47 1, 8,26,30
2, 5,39,45, 5, 0,18, 3 9,11

5600 0,15,38,17, 9,47,52,46,28,50 1, 8,35,41
2, 5,39,45, 3,51,42,22 9,11

5800 0,15,40,22,49,32,56,38,11,12 1, 8,44,52
2, 5,39,45, 2,42,57,30

6000 0,15,42,28,29,17,59,21, 8,42

exact 0,15,42,28,29,17,59,20,53,23
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